Teichmüller was the first person to point out explicitly the connection between quadratic differentials and the solutions of certain extremal problems in Function Theory. He enunciated the principle that if a point is required to be fixed the quadratic differential will have a simple pole there, if in addition fixed values are required for the first n derivatives of competing functions the quadratic differential will have a pole of order n + 1. He was led to this principle by abstraction from the numerous results of Grötzsch and by his considerations on quasiconformal mapping. However, he never proved any general result embodying this principle.
The General Coefficient Theorem provides such a result and includes as special cases virtually every result in the theory of univalent functions. We now formulate it in the following form [ 
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where log a 0) = log |a By a quadratic differential on a Riemann surface 9t we mean an entity which assigns to every local uniformizing parameter z of 9Î a function Q(z) meromorphic in the neighborhood for z and satisfying the following condition. If z* is a second local uniformizing parameter of 9Î, if (?*(£*) is the function associated with JS* and if the neighborhood on dt for 2* overlaps that for z, then at common points of these neighborhoods we have
We denote quadratic differentials generically by symbols such as Q(z)dz 2 . Clearly we may speak of a quadratic differential having zeros and poles of specified order. We denote the set of zeros and simple poles of Q(z)dz 2 by C, the set of other poles of Q(z)dz 2 by H. A maximal regular curve on which Q(z)dz 2 >0 is called a trajectory of the quadratic differential, one on which Q(z)dz 2 <0 an orthogonal trajectory. These curves are evidently independent of the choice of local uniformizing parameters.
In a neighborhood of a point of 9t which is neither a zero nor a pole of Q(z)dz 2 the trajectories behave like a regular curve family. A zero of order JJL or a simple pole (/x = -1) is the limiting end point of \x-\-2 trajectory arcs equally spaced at angles of 27r/(/x + 2). At a pole of order two the trajectories behave locally either like radial arcs, logarithmic spirals or concentric circles. At a pole of order \x(\x>2) there are /x -2 asymptotic directions for trajectories, equally spaced at angles of 27r/(/x -2). More detailed descriptions of these various situations will be found in [2, §3.2], If 9t is a finite oriented Riemann surface, a positive quadratic differential on 9Î is a quadratic differential on 9t such that Q(z)dz 2 is regular at boundary points and Q(z)dz 2^0 in terms of boundary uniformizers. Perhaps the most essential step in the proof of the General Coefficient Theorem is the analysis of the global structure of the trajectories of such a positive quadratic differential. The answer is contained in the Basic Structure Theorem. The present form of this result is given in [ End and strip domains are mapped respectively on half-planes and horizontal strips by J{Q{z)) l,2 dz. Circle and ring domains are mapped respectively by exp(kf(Q(z)) ll2 dz) for suitable constants k on circles and circular rings. Density domains are swept out (apart from points of C) by trajectories each of which is everywhere dense in the domain.
An admissible family of domains {A} relative to a positive quadratic differential Q(z)dz 2 on a finite oriented Riemann surface 9t is obtained by slitting 9Î along a finite number of trajectories of Q(z)dz 2 which either are closed or join two points of C and along a finite number of arcs on closures of trajectories in 9t -iT. An admissible family of functions {ƒ} associated with {A} then consists of a family of conformai mappings of the domains Ay comprising {A} onto nonoverlapping domains in 9Î, leaving fixed all poles of Q{z)dz 2 interior to these domains, normalized by the expansions (3) at poles of order greater than two and admitting an admissible homotopy F into the identity [2, p. 49] such that for a pole of order greater than two on the boundary of a strip domain the deformation degree of F at that pole is zero. As usual d(F, P 3 ) denotes the deformation degree of F at the pole Pj [2, p. 50].
In the statement of the General Coefficient Theorem the requirement that certain initial coefficients in the development (3) should vanish is necessary for the application of the technique used in the proof of the result. However, the corresponding restriction on the coefficients in the development (4) of the quadratic differential is made only to achieve formal simplicity in the expression (5) and can always be attained by a suitable choice of the local parameters used at the various poles in question.
In the proof proper of the General Coefficient Theorem the first step is to show that it is sufficient to proceed on the assumption that Q(z)dz 2 has no simple poles on 5ft. This is done by replacing Sft by a suitable covering surface. Then the double of dl -H becomes a complete differential geometric surface with the metric induced by the Q-metric.
The main part of the proof consists of drawing suitable curves around each point of H and regarding the set obtained by deleting these curves and their interiors from UJLi Ay. Then the areas of this set and the corresponding portion of U/Li fj(Aj) in the Q-metric are compared in two ways. On the one hand we obtain an inequality in one direction by studying the behaviour of the functions fj on the above curves. An inequality in the opposite direction is obtained by applying the method of the extremal metric in each of the various domains associated with the trajectory structure of Q(z)dz 2 . Combining these inequalities we obtain, after formal reduction, the inequality (5).
The equality statements are proved by applying the usual equality treatment associated with the method of the extremal metric.
The applications of the General Coefficient Theorem include all the standard results in the theory of univalent functions and these are presented in [2] . As an illustration we give here a simple one to show the working of the method. . In particular, imposing a suitable normalization, there are determined the exact region covered by the image of the unit circle under every such function, the region of values of such functions at a point in the unit circle and bounds involving the derivatives of these functions. These ideas have also been used in a new and unified approach to treating the initial coefficients of normalized univalent functions defined either on the interior or on the exterior of the unit circle [5] . In this manner both known and new inequalities are obtained. In [9] the same principles are applied to normalized univalent functions for which certain initial coefficients vanish. For these the earlier results are extended to apply to coefficients of any index. Finally in [ó] are to be found more sophisticated applications to families of univalent functions.
We will indicate here in some detail one other application because it presents a somewhat different aspect. It is the use of the General Coefficient Theorem to find a new lower bound for the schlicht Bloch constant 21. This constant is defined by the property that every function in 5 provides a mapping of \z\ < 1 onto a domain which contains some open circle of radius 21 while this is not so for any larger constant. Landau proved by elementary means that in finding lower bounds for 21 we may restrict ourselves to functions satisfying 
\y\ > tp(t).
For every admissible value of t, tp(t) then provides a lower bound for 31 and t may be chosen to make this bound most advantageous. This procedure is carried out with explicitly given mappings in the paper [lO] to obtain the numerical bound 2l>.5705. There is indicated also the possibility of various small improvements. 
